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Erratum

1. (p.3, line 23) Change

“It is a regular scheme over F , locally noetherian but not of finite type”

to

“If #Σ > 1, it is a regular scheme over F , locally noetherian but not of finite type.”

2. (p.8, line 10) Change the equation

Σ(A,χ) =

{
places v of F : ε(

1

2
, πA,v, χv) 6= χv(−1)ηv(−1)

}
to

Σ(A,χ) =

{
places v of F : ε(

1

2
, πA,v, χv) 6= χv(−1)

}
.

See also the correction for (p.10, Thm 1.3) below.

3. (p. 8, line -8) Change

“for all places v”

to

“for all non-archimedean places v.”

4. (p. 8, line -15) Change

“Fix Haar measures dtv on E×v /F
×
v such that the product measure over all v gives the

Tamagawa measure on E×A /A×”

to

“Fix Haar measures dtv on E×v /F
×
v such that the product measure over all v gives vol(E×\E×A /A×) =

2L(1, η).”

See also (p. 23, line -2).

5. (p.10, Thm 1.3) Change the equation

ε(
1

2
, π, χ) = χ(−1)η(−1)ε(B)

to

ε(
1

2
, π, χ) = χ(−1)ε(B).

1



In the literature, there are two conventional ways to define the root number ε( 1
2 , π, χ), by viewing the

L-function as either the base change L-function over E (twisted by χ) or the Rankin–Selberg L-function
over F . The ratio of these two definitions are η(−1). This paper takes the first convention, as written
right before the theorem.

6. (p. 23, line -2) Remove the sentence

“All of them are Tamagawa measures.”

Note that the global measure on E1 is not the Tamagawa measure due to the extra normalizing factor
L(1, η).

7. (p. 33, line -9) Remove the sentence

“The Tamagawa number of SO(V ) in the above cases are respectively 2L(1, η), 2, 2.”

See also (p. 23, line -2).

8. (p. 43, line -9) Change

“Here the factor 4L(1, η)2 comes from the Tamagawa measure”

to

“Here the factor 4L(1, η)2 comes from the measure.”

See also (p. 23, line -2).

9. (p. 59, line 9) See (p.3, line 23).

10. (p. 78, line 18) The isomorphism should be

JU '
⊕

π∈A(B×,Q)

π̃U ⊗End(π) Aπ.

11. (p. 109, line 10) The goal of this item is not to state a mistake but to explain the expression

θ(g, φ)K =
∑

u∈µ2
K\F×

r(g)φ(0, u) + wK
∑

(x,u)∈µK\((V−{0})×F×)

r(g)φ(x, u).

Then it suffices to check∑
u∈µ2

K\F×

∑
x∈V ′

r(g)φ(x, u) = wK
∑

(x,u)∈µK\(V ′×F×)

r(g)φ(x, u).

Here we denote V ′ = V − {0}.
Let A be a subset of V ′ such that the induced map A → ωK\V ′ is bijective, and let B be a

subset of F× such that the induced map B → µ2
K\F× is bijective. Here ωK = {±1} ∩K×, and thus

wK = |ωK |. One checks that the natural map

A×B−→µK\(V ′ × F×)

is bijective. As a consequence, we have∑
u∈µ2

K\F×

∑
x∈ωK\V ′

r(g)φ(x, u) =
∑

(x,u)∈µK\(V ′×F×)

r(g)φ(x, u).

This gives the desired equality.
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12. (p. 137, line 8) Change

“The first identity is just the result for the Tamagawa number of”

to

“The first identity is just the result for the measure of”

See also (p. 23, line -2).

13. (p. 140, Proposition 4.11) In the main formula, there should be a negative sign in the second summation
of the right-hand side. Hence, the correct formula is

∆∗Z(g, φ)U =
∑
u∈Q×

θ(g, u, φ0)C(g, u, φ0)U −
∑
u∈Q×

W0(g, u, φ)LU +D(g, φ)U .

Accordingly, in the proof of the proposition, the expression of S should be negated. This proposition
is used in the proof of Theorem 4.15, but the formula in the second paragraph has the corrected form.

14. (p. 200, Proof of Lemma 6.13) The quotient F×\A×/F×τ Q is not finite if F 6= Q, but F×\A×/F×∞Q
is always finite. We should replace F×\A×/F×τ Q by F×\A×/F×∞Q in the proof.

15. (p. 233, line 15) The formula∫ ∞
1

1

t(1− λt)s+1
dt = 2Qs(1− 2λ) +O(|λ|−s−2)

should be ∫ ∞
1

1

t(1− λt)s+1
dt = 2

Γ(2s+ 2)

Γ(s+ 1)Γ(s+ 2)
Qs(1− 2λ) +O(|λ|−s−2).

This follows from the calculation in p. 304 of Gross–Zagier’s paper and especially the formula in line
12 of the page.
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